The results in this paper may be helpful in studying the structure of the canonical left cells of an affine Weyl group, ( see [4] ).
The content of this paper is organized as below. In section 1, we establish a bijection between the set of all the increasing subsets of a positive root system For α ∈ Φ + and k ∈ Z, define a hyperplane:
and three regions: [5, §2.] for the detailed statement of this condition ). 
Thus by applying induction on r ≥ 1, it suffices to show our result in the case Since all the Ψ + -sign types with Ψ + irreducible and of rank 2 are known ( see [7] ), our result follows by checking directly. 
Thus to enumerate all the ⊕-sign types indexed by Φ 2.1 By a diagram, we mean an array of boxes into rows and columns. We consider the following three kinds of diagrams.
(i) The staircase Young diagram Γ n of size n (see Figure 1 , (a), for Γ 5 as an example ).
(ii) The staircase skew Young diagram Λ n of rank n ( see Figure 1 , (b), for Λ n as an example ).
(iii) The staircase skew Young diagram Λ n of rank n which has two leaves in the middle column. Figure 2 is the diagram Λ 5 as an example.
Generally, in diagram Λ n , there is one box, denoted by B i,j , at the intersection of the ith row and the jth column for 1 ≤ i < n and i ≤ j ≤ 2n − 2 − i with j = n − 1; there are two boxes at the intersection of the ith row and the (n − 1)th column for 1 ≤ i < n, which are denoted by B i,n−1 and B i ,n−1 , respectively.
2.2
Now we define a subdiagram in each of the above diagrams. In these definition, we identifying a diagram with the set of boxes contained in it.
Let X be the diagram Γ n or Λ n . A subdiagram λ of X is, by definition, a subset of X satisfying that if a box of X is in λ, then all the boxes of X to the north, the west and the northwest of such a box are also in λ.
The definition of a subdiagram λ of Λ n slightly differ from the above. By definition, λ is a subset of Λ n satisfying the following conditions: - 
Secondly assume that Φ
+ has type B n . Then
where 2) is a result in [11] . §3. The enumeration of ⊕-sign types. 
First we compute the number µ(X) with X a classical type.
Proof.. From Theorems 1.4 and 2.5, one can easily deduce the formulae 
More precisely, we have the following interpretations on each of the above terms:
(1) q(n − 2) is the number of subdiagrams of Λ n not containing boxes B 1,n−1
and B 1 ,n−1 ; and
Thus (a) (resp. (b)) follows easily from (i) (resp. (ii)) and Proposition 2.7. For (c), we get from (iii) and Proposition 2.7 that
This implies (c) from the equation µ(D n ) = δ n + δ n .
3.3
To each partially ordered set (P, ≤), we associate a digraph Γ(P ) whose vertex set consists of all the elements of P , two vertices v, w are joined by an arrow, say 
3.4
To enumerate all the increasing subsets of a given partially ordered set (P, ≤),
we need only work with its Hasse graph Γ(P ). Here we point out a simple fact for later use.
Suppose that the elements z 1 , z 2 , · · · , z r be elements of P satisfy z j−1 −→ z j for 1 < j ≤ r. Let Z j ( 1 ≤ j < r ) be the set of all the increasing subsets K of P such that z j ∈ K and z j+1 ∈ K. Let Z 0 ( resp. Z r ) be the set of all the increasing subsets K of P with z 1 ∈ K ( resp. z r ∈ K ). Then the set of all the increasing subsets of P is just a disjoint union of all Z j , 0 ≤ j ≤ r. In particular, when P = {z 1 , z 2 , · · · , z r }, the number of all the increasing subsets of P is equal to |P | + 1.
3.5
Now we want to deal with the exceptional types. The Hasse graph of the positive root system Φ
is isomorphic to the Hasse graph in Figure 10 . . Similarly, in enumerating the increasing subsets in each of the above partially ordered sets, we may further simplify the situation if necessary. We eventually get the following result. with some known constants on the corresponding root system in the case where X is any exceptional type. If the answer is affirmative, then could one give a uniform expression of the number µ(X) for all the types X mentioned in this paper?
